If T is an invertible operator on a Hubert space such that 5'-1r-I5'=T'* and 0 $ C\(W(S)) for some invertible operator S, where Cl(W(S)) denotes the closure of the numerical range of S and T* is the adjoint of T, then it is shown that T is similar to a unitary operator. In fact, this has been proved as a corollary to a more general result, which also includes the corresponding result of J. P. Williams for selfadjoint operators.
Introduction. A selfadjoint operator F on a Hubert space H is one for which T* = T, where T* denotes the adjoint of T. However, if T is only similar to T*, then a result due to J. P. Williams [4] states that under certain conditions T turns out to be similar to a selfadjoint operator. This provides a motivation to prove the corresponding result for unitary operators. In fact, an operator Fis called unitary if TT* = I=T*T, i.e. if F-1 exists and t~x = T*. One of the objects of this paper is to show that if Fis an invertible operator for which F^1 is similar to F*, then under certain very natural restrictions F is similar to a unitary operator, and if, in addition, Fis normaloid, then Fis unitary.
We The converse of this is obviously true.
We have the following important corollaries:
. // S~1TS=T* where 0 ^ Cl(W(S)), then T is similar to a selfadjoint operator.
The converse of this is also true, i.e. if £ is similar to a selfadjoint operator, then £ and £* are conjugate by an S with 0 ^ C\(W(S)). The converse of this is also true, i.e. if an invertible operator £ is similar to a unitary operator then £* and £_1 are conjugate by an operator Svi\thO$C\(W(S)).
For the proof of these corollaries it suffices to take J(X) = i(TX -XT*) and J(X) = TXT* -X, respectively. 
